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Abstract

This paper proposes a real-time, robust and effective ittigdkamework for visual servoing applications.
The algorithm is based on the fusion of visual cues and on skienation of a transformation (either a
homography or a 3D pose). The parameters of this transf@mate estimated using a non-linear mini-
mization of a unique criterion that integrates informattwth on the texture and the edges of the tracked
object. The proposed tracker is more robust and performkimebnditions where methods based on a
single cue fail. The framework has been tested for 2D objetian estimation and pose computation. The
method presented in this paper has been validated on seideal sequences as well as in visual servoing
experiments considering various objects. Results shownithod to be robust to occlusions or textured

backgrounds and suitable for visual servoing applications

Keywords : Visual Tracking, Visual Servoing, Hybrid Tracki ng

1 Introduction

Development of object tracking algorithms is an importasue for applications related to visual servoing
and more generally for robot vision. A robust extraction aedl-time spatio-temporal tracking process

of image motion/object's pose is indeed one of the keys taesg of a visual servoing task. To consider
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visual servoing within large scale applications, it is namdamental to handle natural scenes without any
ducial markers and with complex objects in various illuration conditions. From a historical perspective,
the use of ducial markers allowed the validation of thearalt aspects of visual servoing research. Even if
such features are still useful to validate new control lawis, no longer possible to limit ourselves to such
techniques if the nal objectives are the transfer of thessnhologies in realistic applications.

Most of the available tracking techniques can be divided imio main classes: 2D image and 3D
pose-based tracking. The former approaches mainly focusacking 2D features such as geometrical
primitives (points [33, 44], segments [5, 21, 35], circl@85,[49],...) or object contours [3, 4], regions of
interest [20],. .. The latter explicitly use a 3D model of thecked objects [11, 12, 13, 14, 15, 18, 29, 32, 38,
46, 48].

Edge-based tracking. Regarding the low level information that is extracted frdme images, one can
consider edge-based information or texture-based infiilomaEdge-based trackers rely on the high spatial
gradients outlining the contour of the object or some gedoadtfeatures of its pattern (points, lines, circles,
distances, splines,...). When 2D tracking is considengch sdge points enable to estimate the geometrical
features parameters whose values de ne the position of bfexb[21]. Snhakes or active contours can be
used to outline a complex shape [4]. If a 3D model of the ohigeatailable [12, 15], edge-based tracking is
closely related to the pose estimation problem and is tberefuitable for any visual servoing approach. In
general, edge-based techniques have proved to be veryivedfar applications that require a fast tracking

process. Nevertheless, they may fail in the presence ofyhigktured environments.

Texture-based tracking. On the other hand, texture information has been widely useddject tracking.
Contrarily to edge-based trackers, it is well adapted ttutexi objects and does usually less suffer from
jittering. However, this solution is not appropriate forgoly textured objects and is mainly exploited in
2D tracking, such as the KLT algorithm [44] or region of imst tracking [2, 20, 28]. Points or regions of
interest can also be used within a 3D model-based trackingpasted in [48] where the camera viewpoint
can be estimated by minimizing the projection errors of tifferent points of interest, or as in [27] where
the grey level values are integrated directly in the minatian process of the 3D tracking. Furthermore
these approaches usually lack of precision if there is d sam difference between current and reference
texture scales.

As one can note, model-based trackers can be mainly divitieebi groups, the edge-based ones and the
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textured-based ones. Both have complementary advantadelsawbacks. The idea is then to integrate both
approaches in the same process. This paper addresseslthaTpad robust tracking of 2D and 3D objects
by closely integrating edge and texture information. Cd&sng various kind of features in a tracking

received little attention in the literature.

Hybrid tracking overview Among approaches to cue integration one can nd i) a seqaiease of the
available information (mainly motion and edges), ii) prbitiatic approaches such as Extended Kalman
Filter or particle lter, iii) voting approaches and iv) ristration process of the different cues within the
same minimization process. We try to analyze these diftexpproaches.

Some methods rely on a sequential estimation of motion arDobr 3D edge-based registration in
order to combine robustness and accuracy, as in [1, 10, 36ln7ihese approaches, motion estimation
(dominant motion or optical ow) provides a prediction oktledge ice. , of the 2D object location) which
is helpful for the edge-based registration step and imgrtraeking reliability. Nevertheless, although both
motion and edges are (sequentially) considered these astrictly hybrid algorithms and these approaches
do not take bene t of several advantages from using them sameously.

Most of the current approaches that integrate multiple cuestracking process are probabilistic tech-
nigues. Most of these approaches rely on the well known Kalter, its non-linear version the Extended
Kalman Iter (EKF) or particle Iter. [45] fuses measuremisnof the object's center of mass using color in-
formation, edge orientations and positions and some feaisplacements obtained by a SSD minimization
of the grey level difference between the current image aagthdiction in a Kalman Iter. [31] integrates
the outputs from two trackers (a 3D model-based trackerbf]a point of interest tracker) using an EKF.
[19] fuses edge-based tracking and optical- ow estimatiathin an Iterated Extended Kalman Filter to
update object position. Let note that many approaches relg particle Itering as [26] or Probabilistic
Multiple Hypothesis Tracker (PMHT) [43] but are usually yestow. 2D visual cues fusion using voting has
also been studied in [30] and considered for visual servapmications. However, this work is not directly
related to edge and texture fusion.

In [48] the proposed model-based approach considers botB2Bhatching against a key-frame that
represents a single pose as in a classical model-basechapgyot considering multiple hypothesises for the
edge tracking and 2D-2D temporal matching (which introduceiltiple view spatio-temporal constraints in

the tracking process). A nice extension is proposed in [@#jtegrate contribution of an edge-based tracker



similar to [12, 15]. The work of [39] extends the tracker of[dy integrating contour information in the
case of planar structures. In this latter approach a glatpai unction (that considers both distance to the
edge and difference of intensity) is de ned and the Jacothanhlinks the variation of a homography to the
variation of the feature vector is learnt using the apprqaeisented in [27].

The framework presented in this paper fuses a classical Ilbaded approach based on the edge ex-
traction and a temporal matching relying on texture ansliygb a single non-linear objective function that
has then to be minimized. Tracking is formulated in terms fifllescale non-linear optimization. We will
consider within the same framework both a 2D and a 3D tradkealing with the 2D tracker, our goal is to
de ne a unique state vector that describes both the appeacihe template as well as its edge boundaries.
Considering this state vector, we are able to compute trenpeters of a 2D transformation (a homography)
that minimizes the error between a current multi-cue tetead the transformed reference one. When con-
sidering a 3D tracker, estimating both pose and cameraadispient introduces an implicit spatio-temporal
constraint a 3D model-based tracker based on edge featgoles df. This general framework is used to
create a system which is capable of treating complex scenesl-time To improve robustness, an M-
estimator is integrated in a robust control law. The resglfpose or displacement computation algorithm
is thus able to deal effectively with incorrectly trackea@tigres that usually degrade the performance and

result in a failure.

Figure 1: Tracking issues. (a) estimating the 2D positiormmfobject in the image : its outline can be
determined all along the sequence, (b) retrieving the iposand the orientation of the object in the 3D
space : the frame of the scene with respect to the camerarnsaést in every image. Both problems are
addressed in this paper using the same hybrid transformasitimation framework.

In the remainder of this paper, section 2 presents the piancif the approach. Two different tracking
issues are addressed in sections 3 and 4 as illustratedureFig The section 3 deals with the estimation

of the 2D object position in the image by applying this geh&amework to the estimation of 2D trans-



formation, a homography. The pose computation issue igitdeskcin section 4 to estimate the pose of the
object in the 3D space, once again using the same framewanklly in order to validate this approach
both trackers are tested on several realistic image segsescwell as used as an input to a visual servoing

experiments. Those experimental results are reportedatioBes.

2 Tracking : general framework

This section is dedicated to the description of the genesshéwork of the algorithm. It is based on a
transformation (either a 2D homography or a 3D pose) esitimadhat exploits image information. This
transformation estimation is rst described in subsectibf. After the introduction of different image
information used in this scheme in subsection 2.2, theiofus the proposed framework is explained in

subsection 2.3.

2.1 General 2D or 3D transformation estimation

Whatever the tracking considered, either the estimatio@f2D object position in the image or its pose
in the 3D space with respect to the camera, the process wglitise estimation of a transformation. The
framework presented in this section describes the esbmatiocess of this transformation, disregarding the
model of the transformation.

This transformation is parametrized by parameters; stored in a vector.  will be the notation for
the current transformation for the image Its estimation relies on the analysis of image featwe$he
rst subsection presents the basis of the estimation psyaghatever the image featurgsthen its robust
version. Subsections 2.2 and 2.3 will describe the diffeimiage features that will be considered in this
work and their fusion in the transformation estimation psx

The value of the current image featues estimated according to; depends on stored dataand on

s =f(6x) (1)

The observations extracted from the imdgerovide a ground trutls for these features. The idea is to
determine the transformation parameters that minimizealiffierence between those desired values and the

current onesi,e. to estimate ; that minimizes the error such as:

= (s'  sh? (2)



vectore de ned by:

e=s, s 3)

If an exponential decrease of the error is speci ed:

e= e (4)
where is a positive scalar, one then has:
@ d;
e= — = e 5
With Js | = @éf and%t = | avector can be computed such as:
= 3 (s, s) (6)

whereJ? . Is the pseudo-inverse of the Jacobidg 1 in order to update the vectok at each iteration of
t
the iterative minimization process:

=k (7)

with Q= 0 until the error is minimized. is an update operator that depends on the considered trans-
formation. It will be explained later for each case. The nalis the vector that stores the estimated
transformation.

Since input data are extracted from the images, the prosesanisitive to outliers originating from
noise, occlusions, mismatchingtcand a robust optimization has to be performed [23, 40]. Bogn& can

be rewritten by:
X

. s (8)
i=1
where (u) is a robust function [23] that grows sub-quadratically asdrmionotonically non-decreasing
with increasingjuj. Iteratively Re-weighted Least Squares (IRLS) is a commeithod of applying the
M-estimator. It converts the M-estimation problem into guigalent weighted least-squares problem.
The error to be regulated to zero is thus de neckas D(s, s ) whereD = diag(wy;:::;wyp)isa
diagonal weighting matrix. The weightg, which represent the different elements of enatrix, re ect

the con dence of each feature. In our case these weightscenputed using the Tukey M-estimator [23].

In our case since the number of rows is greater that the nuoflsiumns the pseudo inverse of a mathixis de ned by:
A+=( A>A) YA” whereA” is the transpose d .



Tukey's estimator allows to completely reject outliers gnges them a zero weight. A complete description

of the way to computey; is given in [12]. The update of the transformation paranssitenow given by:

(DJs ,)"D(s, s) (9)

2.2 Visual features

Any kind of geometrical feature can be considered withingreposed framework as soon as it is possible
to compute its corresponding Jacobian malrixt is easy to show that combining different features can be
achieved by adding features to vectoand by “stacking” each feature's corresponding interactivatrix
into a large interaction matrix of sized 6 wheren corresponds to the number of features antheir

dimension: 2

s= 4

2 3

3
Ja
£=9 .

S_n Jgn

s_l

£ -3, (10)

The redundancy yields more accurate result with the cortipotaf the pseudo-inverse df as given in
equation (6). Furthermore if the number or the nature ofaligeatures is modi ed over time, the interaction
matrix J and the vector errcs is easily modi ed consequently.

Two kinds of visual features will be considered in this woddge-based and texture-based features.

Their description is given in the following paragraphs.

Edge-based features In this case, the visual featursgare composed of a set of distancks(see Figure 2)
between local point featurgs obtained from an edge-based tracker (described in appexjdand the
contours of the objedE. In this case, the desired valgeis zero. An assumption is made that the contours
of the object in the image can be described as piecewise lseggnents or portions of ellipses. All distances
are then treated according to their corresponding segmmestiijgse.

Minimizing (2) using only such features comes to minimize:

xXo )
= (dr(p};C )2 (11)
i=1

whereC , denotes the geometrical features that outline the objettbao estimated according to the current
transformation parameters. Note that the parameters of the object contours observiirkiimage do not

need to be estimated.



edge extracted in the current image

estimated contour in the previous image

Figure 2: Edge-based tracking

Point-to-contour distances avoid a matching step thatdesgary to algorithms that estimate the motion
by minimizing a point-to-point distance. As an example, he iterative Closest Point algorithm [17],
at each iteration of the minimization process, point maighinust be performed before estimating the
transformation parameters.

An edge-based tracker is fast, effective and robust to ithation changes. However, it is mainly a
mono image process. As a consequence, if the geometricatdsacan not be accurately extracted without
any ambiguity, the tracker may lack of precision. This sinsi to the textureness of the object or the

background may lead to jittering effects or even divergence

Texture-based features Second type of features are grey levil§p) that describe the pattern of the
object in imagd ;. With the constant illumination assumption, the desireldes of such features is given
bys = li«(p ,) = lo(Po) and the current value of the featuressy = I¢(p ).

Minimizing (2) using only such features becomes:

X _ .
= (I(p')  To(Po))? (12)
i=1

The initial samples extracted from a reference imbgare chosen following the Harris criteria to select
locations that will give some reliable information aboug tmotion. Indeed, the Jacobian matrix of such a

feature depends on the image spatial gradiehtind the Jacobian matrix of the point location:

Js, =1l ) Jp, (13)

8



A small camera motion with respect to the object can lead aogelimage intensity change. To avoid the
systematic elimination of the most interesting points ef plattern, the image gradient is taken into account
in the weight computation. Indeeklr | k is a good measure of reliability of the point. The larger | K,
the more signi cant the measure of the intensity differehgg’ ) Io(pio). So we prefer to consider

the intensity difference weighted by the norm of the spadtiténsity gradient: the following normalized

le(p',) To(ph). ..
kr o(ph)k *°"

normalizations are used in [25, 41].

vector(:::; 1)~ is used to compute the M-estimators instead of the exror s . Similar

If only texture-based features are exploited in the franrkwm estimate the transformation, the process

is relatively robust if the object is textured. It is howegensitive to scale and illumination changes.

2.3 Merging features

As already said, any kind of features can be considered iprésented framework. Using equation (10) not
only enables to consider several features but also seypes bf features of different nature. If there kg

edge-based featureisg( point-to-contour distances) ail texture-based featurelsd, grey level samples),

one has: 2 3
gl
s=9 : & (14)
SNc+ Nt
where:

l(p') if i>N ¢

Merging two different types of features is quite simple. Hweer one must care of the order of mag-
nitude of each one. Indeed, a point-to-contour distancarisrhaller than an intensity difference and thus
the edge-based features may have not enough in uence onitiieization process. As a consequence, a
normalization is performed respectively on each errorarg@ne storing the edge-based error, the other the
texture-based error) before stacking them in equationy8h ss each of their terms belongs to the inter-
val[ 1;1] Thisis done by computing the maximal absolute value of there associated to the edge-based
(resp. texture-based) features and dividing the erroovestsociated to the edge-based (resp. texture-based)
features by this maximal value.

The tracking framework described in this section applieglitberent kinds of features as it has been said
but also for various transformation models. The two nextiees will be dedicated to two cases. Section 3

deals with the estimation of the object position in the image relies on a 2D transformation estimation,



more speci cally a homography estimation, and section Awhe camera pose/displacement computation.

In each case, details about the image features and thebidaaoatrix are given.

3 2D tracking: Homography estimation

Here, we consider 2D tracking and therefore the problem éstionate the position of the object in a video
sequence. We work there in the 2D space of the images, therid® process relies on the estimation of a
2D transformation.

Different types of models have been studied in the litemtpure translation, af ne, homographstc
The most generic transformation for a planar structure isradgraphy since it is able to account for the
full 3D motion of such a structure.

In the case of an homographic model, the points of an imagkrded to those ones of another image

of the same planar structure byda 3 matrixH :
P / Hp Aq (16)
Therefore, there are nine parameters to be estimated such as
=( 0::1; 8) 17)
and: 0
o 1 2
H = @ 3 4 5 A (18)
6
and ifH't”l, H¥ and H. denote respectively the homography matrices obtained fr{b*ﬁ'l, Kand as
de ned in equation( 7), the update operator is given by:
HE = HE Hy (19)

The transformation being de ned, the image features candre precisely described and their Jacobian

computed.

3.1 Edge-based features

Let us recall that the edge-based features are point-tgpulistances and that using only such features

comes to minimize (11). If we call; the geometrical feature parameters describing the ca@uihe
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general analytical form of the Jacobian matrixsof is:

! J. @; @

Js (20)

The 2D tracking has been implemented for two classes of cositpiecewise linear contours, described
by lines and curved contours, described by NURBS. The approsed to extract this low level information

is described in Annex A.

Lines. Inthis case, the parametefsare the three coef cienta ., b , andc , that de ne the line according

to the current 2D transformation parameters by:
Xta , +yib,+c,=0 (21)

wherep; = ( X¢;Yt) is a point belonging the line. In the previous image, thistaonis represented by the
estimated coef cientsi, |, br, , andcs, .

The features , is given by:

Xta , +yib, +c,

s = d(piCy)= r (22)
wherer = a2 + b?, and its Jacobian matrix:
_ Xtr a,dp yer  b.d> 1
Js, = r72t36t+r72t‘]bt+?]ct (23)
with d, = d» (pt; C,) to simplify the notations.
Ja ., Jb, andJc , are the respective Jacobian matricea of b , andc ,. They are detailed in Annex B

as well as the update €f ; along the sequence.

NURBS. In this case, the parametersare the coordinate®; = ( i; i)~ and the weightsv; of the

control pointsQ; of the NURBS which is de ned as follows [42]:
X
As)=  Rip(9)Q; (24)
i=0

Ri;p are the rational basis functions, they are piecewise raltimmctions ors 2 [0; 1]de ned by:

Ni;p (S)Wi
=0 Njp (S)w;

Rip(s)= P (25)
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N, are the B-spline basis functions, they are piecewise polgbfunctions ors 2 [0; 1] The NURBS are
more general curves than B-splines, their main advantaigg tieeir invariance to perspective transforma-
tion thanks to the weight associated with each control pairthe curve. A NURBS is therefore updated
from an image to another simply by applying the homograptaagformation to its control points [42]
considering the weights as their third homogeneous coatelin

The distance between a point and the curve is approximatekebgiistance between the point and the
line tangent to the NURBS. The minimization problem is thenilar to the piecewise linear outline case
since a distance between a point and a line is consideredsélbetion of the points to be tracked is such as

there is the same number of points for each span of the NUREBS|yespread.

3.2 Texture-based features

As said in section 2, the texture-based features are saroplé® grey levels of the object pattern and
minimizing (2) with only such features comes to minimize)(1Phe reference image is the image in which
the initial sampling is performed in the rstimage of the seqce.

The general form of the Jacobian matrix is given by (13) adguél6),Jp, | is given by:

1 XA

Jp - 1 Ynoo 1 0 0 0 Xng 1 Xy Y 1 Xy

26
‘ Wai 0 0 0 Xng 1 Yo 1 Xne 1Y Yoo 1Y o ( )

The texture-based 2D tracker is similar to the work propdsg@0] and extended to homography estimation

by various authors such as [2, 8, 28].

4 3D tracking : camera pose/displacement computation

In this section, the general framework will be applied fae flose computation problem. Now the tracking
is performed in the 3D space and requires a 3D model of thebbjde position and the orientation of the
camera with respect to the scene has to be determimedjx parameters: three for the position and three
for the rotations of axes. It is supposed the intrinsic patans are available but it is possible, using the
same approach, to also estimate these parameters. Onathus ity ty;t;;rx;ry;rz).

The pose matri% M ,, (obtained from ) links the 3D feature¥ P of the object, expressed in the world

frame, to their projectiop in the image by:

p=pr(“My;"Pj) (27)

12



wherepr (“M ;" P;) is the chosen projection model. For a point with a simple pertve projection
model, we have:

p=K %M, "P (28)

whereK is a projective matrix obtained from the intrinsic paramgte
If “M KL MK and  denote respectively the matrices obtained frdfft, ¥ and as de ned in

equation (7), the update operator is given by:
apMkl = apmk o ] (29)

whereel 1is the exponential map of SE(3) of computed using the Rodrigues' formula (e.g.[34], p. 33).
can be seen as a virtual camera velocity and the pose/dispéatt estimation as the process that
enables a virtual camera to align the observation in the éweith the projection of the scene in its image
plane [12, 37]. To illustrate the principle, consider theeaf an object with various 3D featurBs(for
instance)'P are the 3D coordinates of object points in the object frarAeajirtual camera is de ned whose
position and orientation in the object frame is de ned hy The approach consists of estimating the real
pose or displacement by minimizing the errorbetween the observed dataand the current valug of

the same features computed by forward-projection accgrithe current pose/displacement:

X s
= (s s (30)
i=1
In this formulation of the problem, a virtual camera (inliffaat ;) is moved using a visual servoing
control law in order to minimize this error. At convergence, the virtual camera reaches the posehich
minimizes this error. is the real camera pose we are looking for.
As it will be seen, the edge-based features enable to pedgose computation while the texture-based

features are more suitable for a camera displacement efstimt it will be shown it is the same problem.

4.1 Edge-based features

When edge-based features are considered, the pose compiggierformed as in a classical model-based
tracker [12, 15, 32]. The approach consists of estimatieg¢lal camera pose by minimizing the error
between the observed daaand the positiors , of the same features computed by a forward-projection

according to the current pose:

X o2 X . 2
! d> (pi;C ) (31)
i=1 i=1

1
=]
=
)
=
U
-
(2]
1



wherepr ( ;W P) is the projection model according to the intrinsic parameeteand camera pose, s ' =
d> (p}; G) = 0 as said in section 2 argl_ = d» (p}; C,), C, being computed by the projection of the 3D
model in the image according to the current pose parameterat convergence, the pose minimizing the
error is assumed to be the real one.

The derivation of the interaction matrix that links the @dion of the distance between a xed point and
a moving straight line to the virtual camera motion is nowegiy12]. In Figure 3p is the tracked point and

I( ) is the current line feature position.

do

I( )

y

Figure 3: Distance of a point to a straight line

The position of the straight line is given by its polar cooaties representation,
Xcos +ysin = ;8(xy)2I(); (32)

The distance between poiptand linel( ) can be characterized by the distarke perpendicular to the
line. In other words the distance parallel to the segmens dwd hold any useful information unless a
correspondence exists between a point on the lingpafwhich is not the case). Thus the distance feature
from a line is given by:

d=d/EIC)= () (33)
where

d = XgCO0S + ygsin ; (34)
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with x4 andyq being the coordinates of the tracked point. Thus,
dr = 4= _+t & (35)

where = xgsin yd cos . Deduction from (35) gives the Jacobian relateditadq = J + J . Jg

can be thus derived from the Jacobian related to a straighgliven by (see [16] for its complete derivation):

J =] cos sin cos sin 1]

J =] cos sin (L+ ?)sin 1+ Ycos 0 ] (36)
where = (Ajzsin Bycos)=D,, =(A, cos+B;, sin +Cy)=D,,andA,X+B,Y+Cy,Z+D,=0
is the equation of a 3D plane which the line belongs to.

From (35) and (36) the following is obtained:
2 3>
d, COS
d sin
— dy :
Jo 1+ ?)sin cos ’ (37)
(L+ ?)cos sin

where ¢ =+
4.2 Texture-based features

As said in section 2, the texture-based features are saroplé® grey levels of the object pattern and
minimizing (2) with only such features corresponds to miaing (12)).

The geometry of a multi-view system (or of a moving camerajoniuce very strong constraints in
feature location across different views. In the generagcti®e point transfer can be achieved considering
the epipolar geometry and the essential or fundamentaigeat(see, for example, [22]). In this paper we
restrict ourselves to the less general case where poirgféiacan be achieved using a homography. Since
any kind of 3D motion must be considered, this means thatekteite lies on a plane in the 3D space. We

rst suppose that the object is piecewise planar and therase this assumption.

Planar structure. This case is quite similar to the 2D case but the homographgviscomputed from the

camera displacement parameters [22]:

pt/ K YeH Kpo (38)
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with:
Ct

t
“Hey = “Reo + — 2 g (39)
0

whereng anddp are the normal and distance to the origin of the referenceeptxpressed in the camera

reference frame®* R, and®t, are respectively the rotation matrix and the translatiartarebetween the

two camera frames.

Non-planar structure. Inthe case of a non-planar structure, the point transfergiy (38) becomes [22]:
pi/ K "% H Kpo+ oc (40)

where®H ¢, is the homography induced by a reference planas seen previously, the scalag is the
parallax relative to the homograpFyH ¢, andc; = K “t, the epipole projected onto the imalgen pixel
coordinates. g may be interpreted as a depth relative to the plane

_ do ng(ZoK *po)
Zo do

(41)

with Z, the depth coordinate of the 3D point associated wilexpressed in camera frame 1. Asdepends
only on parameters expressed in the camera reference fitavae be precomputed. The valuedf is given

by the intersection of the 3D structure and the ray passirautgh the camera center apg.

Jacobian matrix. Independent of the object shape, the Jacobian mayrixis estimated using (13) with:

_ fx 0 7 0 % xy (1+x% vy
o = 0 fy 0 2 ¥ (1+y? Xy X (42)

From displacement estimation to pose estimation. The texture-based 3D tracker presented here relies
on the camera displacement parameters. However, estgrthBrcamera displacement or its pose is similar
since a virtual camera velocity is computed, which is equivalent if the camera p@$é ,, in the reference
imagel g is known, since:

Clez “M coCOMW (43)

Combining both approaches allows to introduce a spatigtead constraint in the pose estimation by
considering information in the current and past images &edunderlying multi-view geometrical con-

straints.
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Multiscale model. The displacement estimation has been presented for tweeshggndl ;. In practice,

I is the current image for which the camera pose has to be dstimad ( a reference image of the tracked
plane. There is a reference imalgg for each plane ; with texture to track on the object. In the case of a
piecewise planar structure, there are then as many retemerages as planes, such as the plane is not too far
from a fronto-parallel position with respect to the imaganr@. If it is a non-planar structure, it is necessary
to cover the whole object. Such a set of images is also usetBin fiowever, the features extracted from
these images is different (points locatiorersusgrey levels). The model of the object is then composed
of the CAD model for the edge-based part of the tracker anddference images for the texture-based
one. A pose computation is performed for each referenceemamg the edge-based model-based tracker
to get the plane parameters with respect to the camera fraeded in (39) and the depth computation.
The homographies needed to transfer the points are comptiegth step for each plane following (39).
Because of (43), they all depend on the same pose parameteby @onsequence tracking different planes
is not an issue.

If several planes are tracked, the number of grey-level s&smger plane must be updated at each im-
age since the visibility of each plane changes. If therenargrey level samples to be considered in the
minimization process, the number of grey level samplgselonging to the plane; to be involved in the
minimization process ig;, = P':—taiai whereg; is the area of the plang in the imagea; being equal to
0 if the plane ; is not visible. For each reference image,points are subsampled following a trade-off
between the Harris criteria and covering as much as postiblevhole pattern to enforce the robustness
of the tracking [44]. In Figure 4, an example is given for eatlect tracked in the experiment Section.
Depending on the visibility of the plane, a set of these sampilill be updated and tracked following the

rule given above.

a b c

Figure 4: Texture model for a face of: (a) a rice box, (b) a DM Joc) a ball

This model of the object patterns enable to depict its texiess for a given camera-to-object distance

17



interval. A pyramid of reference images will be now introdddo represent the grey levels that best describe
the object for larger distances. From the reference imggassociated with a plang, K imagesl Si are

built using a Gaussian lter and a sub-sampling step. Im%gis obtained from imagdagi L py:
15K =1(G 157 (44)

wheref is the sub-sampling functionG a Gaussian Iter and the convolution operator. The bottom of
the pyramid is given by the reference image = 13;. Only one of the imaget:{;i will be tracked if the
plane ; is visible. The choice is simply based on the current distd®tween the object and the camera. As
we assume that the reference images are not too far from tafpamallel position with respect to the image
plane, if is the object distance from the camera for imége then the distancey = 2¥ is associated
with imagel '(‘,i. The comparison with the current distance allows to setetimage that is the nearest to
the current one. Figure 5 shows a pyramid obtained for a fatteedVD box. The Harris selection will be

performed for each image of this pyramid.

a b

Figure 5: Pyramid obtained for a face. (a) Level 1, (b) Levdk? Level 3

5 Experimental Results

This section presents some qualitative and quantitatiseltsefor the homography estimation and the pose
computation. In each case, experiments have been perfdonedidate the ef ciency of the tracker which
is then applied to visual servoing positioning tasks [1§, Résual servoing aims to control a robotic system

such as it realizes a given task by exploiting the infornraégtracted from the images acquired by a camera.
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The precision of the tracking is therefore a key point of thecess or failure of such a task.
Each experiment is performed using i) the edge-based &atiirthe texture-based features and iii) their
integration hybrid tracker. The edge locations and/or éxéure points used in the minimization process are

displayed in the rstimage of each sequence.

5.1 Results on homography estimation

To begin with, experiments have been performed to validageef ciency of the tracker. The two rst
experiments test the tracker on objects whose contours adelad rst by lines and then by NURBS. It is
then applied to visual servoing tasks.

In each experiment red crosses are used for inliers and greenfor outliers. Blue crosses are used for
edge locations that are not sharp enough and therefore edtimishe tracking process. The object position
in each image is given by the current outline in red. During ¥isual servoing experiment, the desired

position is described by the green outline.

5.1.1 Video sequences

Tracking a piecewise linear object. In this experiment, a video sequence is captured. The tdaahect

is outlined by four lines. The edge-based tracker divergete qquickly (see Figure 6(b)), mistaken by
the neighboring sharp edges and the texture-based traokdy sirifts (see Figure 6(a)), especially when
occlusions occur. However, the complementarity of the twalk of features and the robust estimation
process enable the hybrid tracker to succeed (see Figude 6(t Figure 7, one can see the occluded parts

are well-detected and withdrawn from the minimization bpw ton dence weight.

Tracking a curved-shaped picture The framework has been applied to objects outlined by a NURBS
described in this section. Figure 8 is an example of suchckdra The object to track is a picture of an
apple. The challenge here is to obtain an accurate contbichws quite dif cult due to the background and
the shadow. Once again, the only tracker that succeed<totira object is the hybrid one (see Figure 8(c)).
The edge-based is misled by the shadows that are very nesrathabject outline and ends to be attracted
by texture in the neighborhood and the texture-based offiis dn one side. As previously, the selected
features are shown in the rstimage. The red crosses ardéoinliers ones and the green crosses for the

features considered as outliers.
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Figure 6: Tracking a planar structure. Images for: (a) thhéute-based tracker, (b) the edge-based tracker
and (c) the hybrid tracker. The green crosses are pointsiagst with features considered as outliers (due
to noise, occlusions or shadow) and the red ones are for lieesimnes. Blue crosses are used for edge
locations that are not sharp enough and therefore not usthe imacking process. The hybrid is the only
one that succeeds to track the object, although signi cantusions occur.

Figure 7: Tracking a planar structure. Example of an ocolusletection. The green crosses are points
associated with features considered as outliers (due & hocclusions or shadow) and the red ones are for
the inliers ones. Blue crosses are used for edge locatiabsité not sharp enough and therefore not used in

the tracking process.
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Figure 8. Apple sequence: NURBS tracking. Initial and nadages. The hybrid tracker (c) succeeds to
track the object while the two other ones fail((a) and (b)heTreen crosses are points associated with
features considered as outliers (due to noise, occlusiosisaalow) and the red ones are for the inliers ones.
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5.1.2 Others experiments : outdoor environment and signi @nt motions

The tracker presented in this paper has been tested in saramditions: hand-held moving objects, camera
mounted on a robogtc Outdoor environment has also been studied, for examplad& & building facade
as in Figure 9. Attention has also been paid to signi cantiorst as shown in Figure 10 where the maximal

motion of the object during the experiment is displayed.

Figure 9: Outdoor environments. The scene, rich in contandstexture, is made of planes and therefore,
the hybrid algorithm is an effective one for such an appilcat

5.1.3 Visual servoing positioning task based on image momen

The task, here a positioning task, is speci ed by a set ofrdddeaturex associated to its desired position
in the image. The velocity of a camera mounted on the endteff®f a 6 d.o.f robot is controlled such that
the error between the desired featuxesnd the current value of the featusegets minimized. The camera

velocity v that is computed to move the robot is such as:
v Lyt(x x) (45)

whereL 4 is the interaction matrix related to (which links the motion of in the image to the camera
velocity: x = LyV).

In this experiment, image moments are used in the controtdaachieve the task [9]. We then have:

X = (Xg;Yg: &;Px; Py; ) (46)

wherexgq andyq are the coordinates of the center of gravity of the objedts area, its orientation in the

image,px andp, depending of moments of order 3 as described in [9]

22



14 T T T

T T
maximum image motion

12

maximal motion (pixels)

0 20 40 60 80 100 120
images

Figure 10: Signi cant motions. The merging of contour-bdsad texture-based results in an approach that
is more robust to large motions. Sudden increases or dexredithe object motion in the image are also
considered in this experiment.
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The rst experiment will show the accuracy of the positiagitask although signi cant occlusions occur
when using the hybrid tracker and the second one comparasdtsacy to a single-based one when both

succeed to track the object.

Visual servoing with occlusions. In this experiment, the task is performed four times: oncees the
output of each tracker when no occlusion occurs and once ég#est the output of the hybrid tracker when
multiple occlusions occur.

The initial and nal images of the experiment performed with occlusion are shown in Figure 11.
One can see the tracking was not successful in the singleasgs.c Although the tracker proposed in this
paper is slower than the single-cue trackers (near videofeatthe hybrid tracker and the texture-based
one, three time faster for the edge-based tracker), theiexgets show that it is better than the single-cue
ones. Using only intensity information is not accurate gobecause of the object scale changes during
the experiment and because of the poor texture in the are@e @attern where the drift begins. In such

cases, the edge-based features are important to adjustacmnately the object position in the image.

(a) texture-based (b) Edge-based (c) Hybrid

Figure 11: First 2D visual servoing experiments withoutlosion. Green rectangle: desired position of
the object in the image. Initial and nal images. Only the hgltracker performs a good tracking. The
edge-based tracker completely diverges and the textusedbane lacks of accuracy.
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Some of the intermediate and the nal images of the experimperformed with occlusions are shown
in Figure 12. The green crosses are points associated vethrés considered as outliers (due to noise,
occlusions or shadow) and the red ones are for the inlier.oHeden edge locations are represented in

blue. One can see that the occluded parts are well detected.

Figure 12: First 2D visual servoing experiment with ocahims. Green rectangle : desired position of the
object in the image. The green crosses are points assoeiéttedeatures considered as outliers (due to
noise, occlusions or shadow) and the red ones are for tleedrdnes.

The output of the hybrid tracker enables a good behavior efcdimera and the positioning task is
correctly achieved. In Figure 13(a), the evolution of theneea velocity is shown, as well as the error
between the desired features and the current ones in Fi@og IThe camera displacement is smooth and
the accuracy of our tracker enables to achieve a very godtiggosg. In Figure 14, the desired position
and the two nal ones (without and with occlusions) obtaineing the hybrid tracker are presented. The
positioning is well achieved in both cases: the error on Hraera pose is below 1 degree on rotation and 5
mm on translation when no occlusion occurs and below 1.5cdegn rotation axis and 10 mm on translation

when occlusions occur.

Second visual servoing experiment. In this experiment, contrarily to the previous one two texsksuc-
ceed: the texture-based one (see Figure 15(a)) and thedhyhei (see Figure 15(c)). The servo-control
task has been stopped in the case of the edge-based casthsitreeker completely diverges without any
chance to recover (see Figure 15(b)). Although the texbased tracker succeeds to track the object, the
hybrid tracker achieves the positioning task with a betteuegacy. As shown in Figure 16, the nal camera
position obtained with the hybrid tracker is closer to thesidel one than the one obtained by the texture-
based tracker. Furthermore, the velocity of the cameradijpénds on the output of the tracker is noisier

when using this latter one (see Figure 17).
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Figure 13: First 2D visual servoing without occlusion usmg hybrid tracker. (a) camera velocity, transla-
tion velocities are itm=sand angle velocities idegree=s (b) error in the image of each visual feature

| Axes & [ty Tt [ [ry [rs]
\ Desired pose | 40.3| -5.1[30.0| 17.8] 0 |5.2]
Final pose without occlusion(a) 40.9|-5.1129.9| 184 0 |47
Motion from this pose to the desired one0.6 | -0.6 | -0.1 | -0.6 | -0.2 | 0.5
Final pose with occlusions (b) 41.4|-49|30.0| 18 |-0.2| 4
Motion from this pose to the desired one-1.1 | -1.1| -0.1 | -0.2 | -0.2| 1.2

Figure 14: First 2D visual servoing using our hybrid trackéesired and nal positions (a) case without
occlusion, (b) case with occlusiorts., ty andt, are incm while ry, ry andr, are in degrees.
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(a) texture-based (b) Edge-based (c) Hybrid

Figure 15: Second 2D visual servoing experiments. Greetamgle: desired position of the object in the
image. Initial and nal images.The texture-based and theridytracker perform a good tracking. The
edge-based tracker completely diverges.

\ Axes [t [ty [tz [ [y [z ]
\ Desired pose [8.0]-19.1]17.9] 90.3] 0.3 | 0.0 |
Final pose with the texture-based tracker (&).3 | -21.2| 17.5| 91 | 0.9 | 2.1
Motion from this pose to the desired ong 0.3 | 2 04| -07] 21 |-0.6
Final pose with the hybrid tracker (b) | 7.9 | -18.7| 17.9| 90.2| 0.4 | -0.5
Motion from this pose to the desired one 0.3 | -0.3 0 0.1 |-05|-01

Figure 16: Second 2D visual servoing: comparison of the pwditioning: desired and nal positions: (a)
texture-based tracker, (b) hybrid trackey, ty andt, are incm while ry, ry andr, are in degrees. The
hybrid tracker is more accurate than the texture-base#drac
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Figure 17: Second 2D visual servoing: comparison of the camelocity. (a) texture-based tracker, (b)
hybrid tracker. Translation velocities aredm=s and angle velocities idegree=s The camera velocity
with the texture-based tracker is noisier, which is sonmgtho be avoided.

5.2 Results on pose computation

As in the 2D case, some experiments will be rst performedaiidate the ef ciency of the tracker and then
its reliability will be shown in visual servoing experiment

Blue crosses are used for inliers and green ones for outliélexk crosses are used for edge locations
that are not sharp enough and therefore not used in therigapkocess. The object position in each image
is given by the current outline in green. During the visualvsieg experiment, the desired position is

described by the red outline.

5.2.1 Video sequences

Tracking a box. In the considered image sequence, tracking the rice box enacomplex task since
the object achieves a complete rotation. Therefore, theresto be tracked change as some faces appear
or disappear. If the tracking begins to drift, it may be diflcto rectify the error, all the more that the
light positions lead to big specularities and the backgdoismquite complex. The object contours are
permanently partially occluded by the hands or hardly lasilthe edge-based tracker ends to lose the
object (see Figure 18a). The object scale in the image ierdiit from the one in the reference images,
consequently this leads the texture-based tracker toddrack the object quite quickly (see Figure 18b).
However, even if each single-cue trackers were not suftcfena good tracking in this image sequence,
their fusion in the hybrid tracker enables to track the dlgecrectly (see Figure 18c).

The camera pose parameters evolution is shown in Figurerid®éha evolution of the number of grey
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Figure 18: Rice box sequence. Images for (a): the edge-liemsabr, (b): the texture-based one, (c): the
hybrid one. Only the hybrid tracker succeeds to track ctigréiee object all along the sequence, despite the
specularities and the misleading environment. The gregl amples are represented in the rstimage by
blue crosses and the edge location by red points.

level samples used in the control law per face in Figure 18les€ curves are quite smooth and the output of
the tracking is not prone to jittering. Let us note that theeobbeing hand-held, the evolution of the pose is
not regular. Figure 19c shows an example of specularityriudeér has to deal with. The grey level samples
in the concerned area are considered as outliers by theiMagsts (they are drawn in green whereas the
inliers are in blue) as well as a few ones in the top of the dlgecered by the shadow due to the hand. The

hybrid tracker runs at an average rate of 25 Hz (see Figurg 19d

Tracking aball. The dif culty of this experiment is to track a sphere whiclises some illumination prob-
lems (permanent specularities,...). The contour-basezkdr (Figure 20(b)) succeeds to track the contour
of the ball but gives no information about the ball orierdati One can see the frame linked to the object
remaining to the same place. The texture-based trackeur@ig0(a)) succeeds to track the object for a
while but ends to lose it due to the illumination changes. Aytarid tracker gives the full information about

the ball position and orientation during the whole sequdRigure 20(c)).
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5.2.2 2 1/2 D visual servoing experiment

Figure 22 presents a rst example of 2 1/2 D visual servoirgl.tdn this case, the visual feature vectois
selected aét; x;y; u ;) wheret, expressed in the desired camera frame, is the trans|diadritte camera
has to realizex andy are the coordinates of an image point, and is the third component of vectou
(where andu are the angle and the axis of the rotation that the cameraMaalize).t and u are directly
computed from the current estimated pose and the desired one

Similarly to the rst VS experiment with the 2D tracker, thghrid 3D tracker is able to perform an
accurate positioning task while the two others trackers flai Figure 23(a), the evolution of the camera
velocity is given and Figure 23(b) shows the task error desing. This leads to a precise positioning: the
desired pose and the obtained one are given in Figure 24.ridreirethe positioning is below 1 cm for the
position parameters and 1 degree for the orientation ones.

A more complex object is considered in the next experimehe damera has to turn around the object
to achieve the positioning task, which makes some partseobltifect disappearing/appearing as illustrated
in Figure 26. The experiment has been performed with eackdravithout occlusion. The texture-based
tracker fails immediately as the robot motion is quite sigamt at the beginning (see Figure 25(d)). The
edge-based (see Figure 25(b)) and the hybrid tracker (geed=25(c)) both succeed to track the object and
enable a precise positioning of the robot as presented im&RB. However, when other objects occlude the
tracked one or are very near, the edge-based tracker dnifes ithe edges outlining the neighborhood mistake
the pose estimation (see Figure 25(e)). However, the hytaaker is not sensitive to these occlusions and
succeeds to track the object all along the positioning tas& Figure 25(f)).

One can see in Figure 27 that the hybrid tracker enables @&propot behavior even though the robot
motion is quite fast at the beginning, and leads to an acew@gitioning (see Figure 28). Whether there are
occlusions or not, the error in the positioning is below 1 amthe position parameters and 1degree for the

orientation ones.

6 Conclusion

From two classical model-based trackers, a new hybrid osdban built, exploiting both edge extraction
and texture information to obtain a more robust and accysate computation. The integration of the

texture-based camera motion estimation in the edge-basadra pose estimation process enables a robust
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Figure 19: Rice box sequence. (a) camera pose paramedezgo(lition of the number of grey level samples
per face used in the control. The hybrid approach succeadslkirtg without jittering, which is illustrated
by the smoothness of these curves. (c) example of speguldite outliers are displayed in green and the
inliers in blue for the grey level samples or red for the edgmtions. (d) evolution of the time tracking
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Figure 20: Ball sequence. Images for (a): the texture-brsetter that succeeds to estimate correctly the
whole pose parameters for a while, (b): the edge-basedetratke reference frame remains still in the
image since the ball rotation is not observable using ordyetige information, (c): the hybrid one. Only
the hybrid tracker succeeds to track correctly the objéalahg the sequence, despite the specularities and

the misleading environment.
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Figure 21: Ball sequence. Camera pose parameters for (a}tedged tracker, (b) hybrid tracker. As the
ball is rotated, the edge-based tracker detects no motiba.hybrid tracker can estimate fully this motion
thanks to the texture information.

(@) (b) (c)

Figure 22: First 2 1/2 D visual servoing experiment, iniaald nal images for (a) the edge-based tracker,
(b) the texture-based one, (c) the hybrid one. The desiesp (current) position of the object in the image
is given by the red (resp green) drawing. Only the hybridkeasucceeds to track the object and achieve a
accurate positioning since the edge-based one driftdea litt
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Figure 23: First 2 1/2 D visual servoing experiment usingtilerid algorithm. (a) Evolution of the camera
velocity (mm/s and deg/s) (b) Evolution of the error.

| Axes L b [ty [t [ [y [ 1]
\ Desired pose [ 56.1]50.8] 11.0] 10.7 | 42.9] 0.0 |
Final pose 55.4| 50.6| 10.8| 10.2| 42.8| 0.9
Motion from this pose to the desired offe0.1 | 0.8 | 0.5 | -0.1 | 0.2 | -0.6

Figure 24: First 2 1/2 D visual servoing experiment usingtyierid algorithm. Desired camera pose and the
obtained onety, ty andt, are the position parameters in cm andry andr, are the orientation parameters
in degrees.
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(@) (b) ()

Figure 25: Second 2 1/2 D visual servoing experiment, In{tist row) and nal images (second row
without occlusion, third one with occlusions) for (a) thegeebased tracker, (b) the texture-based one, (c)
the hybrid one. The desired (resp current) position of theablin the image is given by the red (resp green)
drawing. The hybrid tracker and the edge-based trackeresdcto track the object and achieve accurate
positioning even if the object is not occluded. However wbenlusions occurs, only the hybrid tracker
enables to achieve the task with a good accuracy.
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Figure 26: Second 2 1/2 D visual servoing experiment usiadnitorid algorithm. Evolution of the visibility
of the faces of the object. Appearance and disappearanbe td¢es do not disturb the tracker.
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Figure 27: Second 2 1/2 D visual servoing experiment usirghybrid algorithm. (a) evolution of the

camera velocity (m/s and rad/s) when no occlusion occujse\fblution of the error when no occlusion
occurs,(c) evolution of the camera velocity (m/s and ragfsn occlusions occur, (d) evolution of the error
when occlusions occur. The hybrid tracker enables a smobtbt motion and a good positioning, whether

the object is occluded or not.
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| Axes Lt [ty |t [ Jory [rz |

\ Desired pose | -41.7] 53.0] -35.4] 21.3| 50.7 | 0.0 |

Final pose with edge-based tracker without occlusipng2.4 | 53.2| -36.2 | 21.5| 50.2| 0.2
Motion from this pose to the desired one 1.1 {01} 07 |03 05| O

Final pose with hybrid tracker without occlusions|| -41.7 | 53.5| -35.5| 21.3| 50.5| 0.1
Motion from this pose to the desired one 0.1 | -04 0 0 02| O

Final pose with edge-based tracker with occlusions-41.7 | 53.7 | -43.2| 24.1| 48.6 | -1.6

Motion from this pose to the desired one 28 | 18| 81 |-16| 15| 1.8
Final pose with hybrid tracker with occlusions | -41.3| 53.3| -35.4| 21.3| 50.8| O
Motion from this pose to the desired one -0.5 | -0.3 0 0 |-01] O

Figure 28: Second 2 1/2 D visual servoing experiment usieghttbrid algorithm. Desired camera pose
and the obtained ongy, ty andt, are the position parameters in cm andry andr, are the orientation
parameters in degrees. If no occlusion occurs, the edgedlzasl the hybrid trackers both enable an accurate
positioning. However, only the hybrid one remains effextivhen occlusions occur.

and real-time tracking. M-estimators are added in the tngcrocess to enforce the robustness of the algo-
rithm to occlusions, shadows, specularities and mislepdackgrounds. The effectiveness of the proposed
approach has been tested on various image sequences aimiwsgitial servoing positioning tasks.

We are now interested in extending this spatio-temporaking to texture lying on other non-planar
structures to track a wider range of objects. As any impremnn the treatment of a kind of feature in the
tracking process leads also to a better hybrid tracker, s@stldy a model of the textured plane to enforce

the robustness to illumination changes.
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A Edge extraction

When dealing with low-level image processing, the cont@ress sampled at a regular distance. At these
sample points a 1 dimensional search is performed to thealaithe contour for corresponding edges. An
orientedgradient mask [6] is used to detect the presence of a singlaoar. One of the advantages of this
method is that it only searches for edges which are alignéldersame direction as the parent contour. An
array of 180 masks is generated off-line which is indexemating to the contour angle. This is therefore

implemented with convolution ef ciency, and leads to réate performance.
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More precisely, the process [6] consists of searching fwctirresponding poirgi+1 in imagel t** for
each pointp; (see Figure 29). A 1D search intendD;;j 2 [ J;J]gis determined in the direction of
the normal to the contour.For each poR}t in the listL!, and for every entire positio®;, we compute
a criterion corresponding to the square root of a log-li@tid ratio | [6]. The latter is nothing but the
absolute sum of the convolution values, computepf @ndQ; respectively in imagek' andl **1, using a

pre-determined madid function of the orientation of the contour. Then the new posip:+1 is given by:

Q =arg max jwith =1y M +15, M ] @)
() is the neighborhood of the considered pixel. In this papemgighborhood is limited toa 7 pixel
mask. It should be noted that there is a trade-off to be matigelea real-time performance and mask
stability. Likewise there is a trade-off to be made betwdengearch distance, real-time performance while
considering the maximum inter-frame movement of the object
This low level search produces a listlopoints which are used to calculate distances from correpgn

projected contours.

100| 100 10q
0 | 0| O
-100]-100 |-100
- ()
0 |-100-100
100| 0 | -100
) 100| 100, ©
(a) (b) (d)

Figure 29: Determining points position in the next imagengghe oriented gradient algorithm: (a) calcu-
lating the normal at sample points, (b) sampling along thenaband searching new similar contour (c-d) 2
out of 180 3x3 predetermined madids (in practice 7x7 masks are used) (& (d) 45°.
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B Case of line tracking for a homography estimation

Ja

t?

Jp , andJc , are the respective Jacobian matrices of the lines cooedimat, b . andc . With the

notations introduced in sections 2 and 3, they are such as :

with :

Ca

Cb

Ua
Up

Uc

Using these notations,

by :

Ja, = G Cala CalUa Cagla Calp (48)
Ca,Up CagUp CayUc CayUy Ca,Uy
b, = % CoUa CpUa CpUa O Up
Co,Up CpUp CplUc CoUy  CoyUy
Jo, = g Caula Cila Cola Colp
CeUb CosUp CoyUc CoUy  CopUy
= det(H) (49)
= Ca Cap Cay

(48 57) (56 38 (37 a6

= Gy O O

(27 18 (o8 26 (16 07

>

= Ccl CCZ CC3

(15 24 (23 o5 (04 13

= an ba Ca

t 1 t 1 t 1

= CiCa
= cicp

= CiCc
the updatedf along the sequencee. of the coef cientsa ,, b, andc ., is given

Ug

ub _ Uc
d 1

at: H,Ct—d

b, =

Let note thatd 6 0 since it is the determinant of a homography.
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C Notations

Table 1 gives an overview of the different notation used sghper.

| Notation Signi cation
t . current 2D (homography) or 3D (pose) transformation ferithagel
S . image features exploited to estimate the transformation
S . observed values of the image features in imgge
S, . current values of the image features in image
N . Jacobian of a featune
p . image point
Po . image point extracted in the reference image
p ., . projection of an image point according t@
Pt . image point extracted in the current imadge
@ (p;C) : distance between a poiptand a geometrical featur@
C, . geometrical feature representing the contour according t
lo(pp) . grey level at locatiopy in imagel o
l«(p',) : greylevel atlocatiomp', inimagel;
K . projective matrix obtained from the intrinsic camera paeters
“M W . camera pose matrix associated to imége
“Re, . camera rotation matrix between the frames respectivalgcated td o andl ¢
e . camera translation vector between the frames respectgsiociated tby andl
“He, : homography associated to a plane between the frames tespeassociated tbg andl ;
No, do :normal and distance to the origin of a plane expressed inaheera reference frame
Table 1: Main notations used in the paper.
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